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Introduction 
The increase in the number of diseases and deaths associated with functional disorders of the car-

diovascular system is one of the most important problems of modern medicine. The urgency of solving 
the problem of improving the quality of life of people with the help of early diagnosis and timely treat-
ment of various cardiac diseases is obvious. The process of automated analysis of a huge database of 
electrocardiographic data is especially important. 

In recent years, a number of new noise reduction techniques have emerged. One of the first works in 
this area was devoted to cleaning the ECG signal from additive filter noise [1–9]. In the literature in  
the field of ECG research, a large number of noise reduction methods are currently described, for exam-
ple, wavelet transform [10, 11], adaptive filter [12], fuzzy threshold [10], band rejection filter, nonlinear 
filter, Kalman filter [13] stationary wavelet transform [11] and Fourier transform. However, the ap-
proach based on the wavelet transform gives the most promising results [12]. 

Wavelet analysis can be successfully used to smooth and remove noise in the ECG signal. Electro-
cardiogram signal, stripped of noise components, looks clearer, while its volume is from 10 to 5% of  
the original signal, which to a large extent solves the problem of storing cardiac records. 
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In the present work, processing of an electro cardio signal using a wavelet transform is consi-
dered. In electrocardiography, various digital signal-processing techniques are used to detect, ex-
tract, and analyze the various components of an electrocardiogram. Among them, the wavelet 
transform technique gives promising results in the analysis of the time-frequency characteristics of 
the electrocardiogram components. The urgency of solving the problem of improving the quality 
of life of people with the help of early diagnosis and timely treatment of various cardiac diseases 
is obvious. The process of automated analysis of a huge database of electrocardiographic data is 
especially important. Wavelet analysis can be successfully used to smooth and remove noise in 
the ECG signal. Electrocardiogram signal, cleaned from noise components, looks clearer, while its 
volume is from 10 to 5% of the original signal, which largely solves the problem of storing cardi-
ac records. Aim. Development of an algorithm for threshold processing of wavelet coefficients 
and filtering of an electrocardiography signal. Materials and methods. Cardiograms were taken 
for analysis. Then they were digitized and entered into a computer for processing. A program was 
written in the MATLAB environment that implements continuous and discrete wavelet transform. 
Results. The work shows the result of filtering the ECG signal with the addition of noise with 
a signal-to-noise ratio of 35 and 45 dB using the decomposition levels N = 2, N = 3, N = 4. Conclu-
sion. Based on the analysis of the data obtained, it can be concluded that the second level of de-
composition is the most optimal for filtering the ECG signal. With an increase in the level of 
decomposition, the output ratio decreases, at the level N = 4 the output signal-to-noise almost does 
not exceed the input one, therefore, the filtering becomes ineffective. The correlation coefficient 
to the fourth level is significantly reduced, which means a significant increase in the distortion 
introduced by the filtering algorithm. 

Keywords: electro cardio signal, wavelet transform, filtering algorithm, development of an al-
gorithm. 
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The electrocardiogram signal, ECG, plays a critical role in the diagnosis of human heart dis-
ease. The primary processing of the ECG signal data and its subsequent study becomes much more 
efficient if the signal has no noise component, therefore, noise removal is a task of paramount im-
portance [14]. 

When recording an ECG, the signal is inevitably more or less distorted by various noises.  
For example, network high-frequency interference of the electrical network (network noise), noise 
of electrocardiograph amplifiers, muscle tremor, low-frequency swimming of the isoline due to 
breathing. Fast discrete wavelet transform effectively removes the noise present in the digitized sig-
nal. The purpose of this work is to develop an algorithm for threshold processing of wavelet coef-
ficients [1]. 

To implement the procedure for wavelet filtering of the CS, the method of threshold processing of 
coefficients was chosen. In the course of the work, an algorithm for the wavelet filtering of the CS by 
the thresholding method was developed and implemented [15]. There is a wide choice of wavelet bases 
used for filtering signals by the thresholding method, the choice of the wavelet function and noise reduc-
tion parameters, such as the type of threshold, the level of decomposition, etc., plays a decisive role  
in the method's operation. To implement the algorithm and conduct modeling, software was written  
in the language programming MATLAB. 

 
1. Noises arising from registration of ECG signals 
When recording an ECG, the signal is inevitably more or less distorted by various noises.  

The high-frequency components of the cardiac signal are considered to be noise. To smooth the cardio-
gram, high-frequency components are usually removed using various filters. It is clear that some of 
the information recorded by the cardiograph is lost. The origin of the high frequencies of the cardiac 
signal is not fully understood. The network high-frequency interference of the electrical network 
(network noise), due to the inclusion of a large number of electrical appliances in the electrical net-
work, and the electronic noise of the electrocardiograph amplifiers have some influence. The frequency 
of this interference is 50 or 60 Hz [11]. 

It is assumed that physiological high-frequency noises are to a large extent a consequence of  
the electrical activity of the heart, since they are recorded by sensors located near the heart. Also,  
the noise causes the baseline to float, the baseline drift is a low-frequency interference with a frequen-
cy of less than 1 Hz, due to the influence of respiration and high skin resistance. The volatility of  
the isoline affects the accuracy of measuring the amplitude parameters of the electrocardiosignal, 
since it is from it that the count is taken. Traffic disturbances appear as single or cyclical bursts.  
The frequency of such interference is in the range from 1 to 40 Hz. They arise as a result of a change 
in the position of the patient or the electrode, hiccups, coughing, etc. In modern technical equipment 
with appropriate grounding, the hardware noise is practically insignificant in comparison with physio-
logical noise. Effective separation of high-frequency noise components is possible using wavelet 
transform of the signal [3]. 

 
2. Noisy signal model 
Wavelet analysis is effectively used to remove noise in a signal. Let's consider the simplest model, 

where the noisy signal looks like: 

      ,S t S t n t                         (1) 

where  S t  – useful signal;   – noise level;  n t  – gaussian white noise. 
Gaussian white noise is a stationary random sequence that is absolutely uncorrelated, with a math-

ematical expectation of zero and a variance of one. The signal n(t) is called white noise, because it has a 
constant spectrum at all frequencies, by analogy with white light, which has a uniform continuous spec-
trum in the visible part [13]. 

The essence of noise removal, in other words, signal filtering, consists in suppressing the noise part 
n(t) of the signal and restoring the useful signal S(t). In this paper, a threshold filtering algorithm with 
one-parameter threshold functions is used.  
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3. Threshold processing of wavelet coefficients 
Wavelet transform of signals is one of the types of spectral analysis, the most famous representative 

of which is the Fourier transform. The English word wavelet (from the French “ondelette”) literally 
translates as “short wave”. In various translations of foreign articles, there are also terms such as: 
“burst”, “burst function”, “low-wave function” and others [1–4]. 

Continuous wavelet transform is carried out according to the formula: 

   *1, ,t xW x s f t dt
s s





    
                    (2) 

where t is the time axis; x is the time instant; s is the parameter inverse to the frequency (scale);  
*  means the complex conjugate;  f t  is the signal under study;  ,W x s  is the result of  

the wavelet transform for 2 values x and s;   is the wavelet function. Expression [7] is used for 
discrete transformation. 

   , , ,j k j kd x f x dx                      (3) 

where d is the coefficient for the scale j (j = 0, 1, –n) and point k. Scaled and offset versions of the parent 

wavelet:  , 2 2
j

jk
j k x k    .  

The result of the Wavelet transform of the signal is the decomposition of the signal into approxima-
ting coefficients Amk, which represent the smoothed signal, and detailing coefficients Dmk, which de-
scribe the oscillations. 

It is known that the noise component is more reflected in the detailing coefficients Dmk. Therefore, 
for noise removal, usually only detail coefficients are processed. 

The second assumption is that the noise component is a signal that is less in magnitude than  
the main one. Therefore, the simplest way to remove noise is to zero the coefficient values that are less 
than a certain threshold value [2]. 

This procedure is called coefficient thresholding and, ideally, allows you to get rid of the coef-
ficients due only to the noise component and preserve the decomposition coefficients of the main signal. 
In foreign literature, the threshold processing of coefficients is called thresholding. 

There are such thresholding methods as hard tresholding and soft thresholding. With strict 
thresholding, all coefficients exceeding a certain threshold value τ are considered to belong to the origi-
nal signal, and the smaller ones are referred to as noise and are zeroed out. With soft thresholding,  
the modulus coefficients smaller than τ vanish, the remaining coefficients decrease in modulus by  
the value of τ. 

The value of the threshold value τ plays the role of a control parameter that affects the filtering er-
ror. The choice of the threshold value determines the quality of the signal noise reduction, estimated as 
the signal-to-noise ratio. 

With an underestimated value of τ, some of the noise expansion coefficients do not vanish, which 
leads to poor filtering, the signal-to-noise ratio increases only by an insignificant amount. When  
the threshold τ is overestimated, some of the informative coefficients vanish, the filtered signal is dis-
torted [5]. 

Searching for the optimal value of τ means finding such a threshold that, with the smallest change in 
the reconstructed signal, provides the highest value of the signal-to-noise ratio [3]. 

The quality of signal noise reduction and, consequently, the degree of increase in the signal-to-noise 
ratio depends not only on the type of the trasholding function, but also on the method of its application. 
Distinguish: 

• general trasholding, carried out using a fixed value of the threshold τ – a value that is the same for 
all levels of decomposition and signal detail coefficients; 

• multilevel trasholding, carried out using the threshold τ, the values of which vary from level to 
level; 

• local trasholding, implying the use of the threshold τ, variable not only in terms of the level of de-
composition, but also depending on the position of the detail coefficients at a given level. 
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4. Development of an algorithm for threshold processing of wavelet coefficients 
Based on the generalized wavelet filtering algorithm, we will compose a wavelet filtering algorithm 

using the thresholding method of coefficients: 
1) Decomposition (Direct wavelet transform): 
a) Choosing a wavelet function; 
b) Choice of the decomposition level N; 
c) Calculation of the wavelet decomposition of the original signal to the level N; 
2) Thresholding of detail coefficients: 
a) Choice of thresholding method (hard / soft); 
b) For each level from 1 to N, a threshold is selected and soft (and in the case of images, hard) 

thresholding of the detail coefficients is applied; 
3) Reconstruction. An inverse wavelet transform is performed based on the original N level approx-

imating coefficients and the filtered detail level coefficients from 1 to N. 
The block diagram of the wavelet filtering algorithm using the coefficient thresholding method is 

shown in Fig. 1. 
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Fig. 1. Wavelet filtering algorithm by thresholding wavelet coefficients 

 
To assess the efficiency of the algorithm and identify the optimal set of filtering parameters,  

the output signal-to-noise ratio will be used as a measure. The calculation of the correlation coefficient 
between the original and cleaned signal will also be carried out. The result of calculations will be dis-
played in text form for m variants of signal-to-noise mixtures S1 , S2 , , Sm   . 

For the filtered signal obtained at the output, the signal-to-noise ratio will be determined: 

10 ,20log f

n
SNR

A
A

                      (4) 
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where fA  is the average amplitude of the filtered signal; nA  is the average amplitude of the noise pre-
sent in the signal after filtering. 

The noise component of the filtered signal is determined from the following relationship: 

      , ,– ,  1fn i S i S i Li                     (5) 

where  n i  is the sample of the noise component;  S i  – reading of the initial ECS without an additive 

component;  fS i  is the count of the filtered signal; L is the signal length. 
Correlation is understood as the relationship of some quantities represented by data – vectors or 

matrices. The generally accepted measure of linear correlation is the correlation coefficient. Its close-
ness to unity indicates a high degree of linear dependence. The degree of signal coupling is expressed 
in normalized units of the correlation coefficient, i.e. in the cosine of the angle between the vectors of 
the signals, and, accordingly, will take values from 1 (complete coincidence of signals) to –1 (com-
plete opposite). 

The calculation of the cross-correlation coefficient between the original S and the cleaned fS  sig-
nals of length L will be performed according to the formula: 

  
   2 2

,
f

f f
S S

f f

S S S S
R

S S S S

 


 



 
                 (6) 

where S is the initial ECG signal; fS  – filtered signal; 
1 1

1 1,
L L

t f f t
t t

S S S S
L L 

    – the mean of  

the samples for S and fS , respectively. 
Let us determine the optimal level of decomposition N, to which it is advisable to carry out the de-

composition in subsequent studies. 
We act on the initial ECG signal S with white Gaussian noise nσ with a given signal-to-noise 

ratio. 
Table 1 shows the results of comparing the decomposition levels  N = 2, N = 3, N = 4 for the Simlet 4 

wavelet. The type of the threshold function is soft, using an adaptive method for choosing the threshold 
value. 

 
Table 1 

Results of comparing the levels of decomposition N = 2, N = 3, N = 4 

Input signal-to-noise 
ratio, dB 

N = 2 N = 3 N = 4 
Output signal-to-noise ratio, dB 

30 35.721 33.819 30.655 
35 39.697 34.862 30.878 
40 43.270 35.182 30.959 
45 45.271 35.336 30.984 

 Correlation coefficient, % 
30 91.3 84.5 63.1 
35 96.5 87.9 65.2 
40 98.3 88.7 66 
45 99 89.1 66.2 

 
Figs. 2–4 show the result of filtering the ECG signal with added noise with a signal-to-noise ratio of 

35 dB using the decomposition levels N = 2, N = 3, N = 4. 
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Fig. 2. The result of filtering the ECG signal with the addition of 35 dB noise N = 2 

 

 
Fig. 3. The result of filtering the ECG signal with the addition of 35 dB noise N = 3 
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Fig. 4. The result of filtering the ECG signal with the addition of 35 dB noise N = 4 

 
Figs. 5–7 show the result of filtering an ECG signal with added noise with a signal-to-noise ratio of 

45 dB using decomposition levels N = 2, N = 3, N = 4. 
 

 
Fig. 5. The result of filtering the ECG signal with the addition of noise 45 dB N = 2 
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Fig. 6. The result of filtering the ECG signal with the addition of noise 45 dB N = 3 

 

 
Fig. 7. The result of filtering the ECG signal with the addition of noise 45 dB N = 4 
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Conclusion 
Based on the analysis of the data obtained, it can be concluded that the second level of decomposi-

tion is the most optimal for filtering the ECG signal. 
With an increase in the level of decomposition, the output ratio decreases, at the level N = 4 the out-

put signal-to-noise almost does not exceed the input one, therefore, the filtering becomes ineffective. 
The correlation coefficient to the fourth level is significantly reduced, which means a significant in-

crease in the distortion introduced by the filtering algorithm. 
The analysis of the graphs shown in Figs. 2–7 also confirms the conclusion about the optimality of 

the level N = 2. 
 
Anastasia Denisovna Chupina, a student of the KE-658 group, took part in the process of experi-

mental research.  
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ВЕЙВЛЕТ-ПРЕОБРАЗОВАНИЕ В ОБРАБОТКЕ 
ЭЛЕКТРОКАРДИОСИГНАЛА 
 
В.Ф. Тележкин1, Б.Б. Саидов1, 2, П.А. Угаров1, А.Н. Рагозин1 
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В настоящей работе рассматривается обработка электрокардиосигнала при помощи вейв-

лет-преобразования. В электрокардиографии для обнаружения, извлечения и анализа различ-
ных компонентов электрокардиограммы применяются различные методы обработки цифро-
вых сигналов. Среди них техника вейвлет-преобразования дает многообещающие результаты 
в анализе частотно-временных характеристик компонент электрокардиограммы. Актуаль-
ность решения проблемы повышения качества жизни людей при помощи раннего диагности-
рования и своевременного лечения различных кардиологических заболеваний является оче-
видной. Особенно важным является процесс автоматизированного анализа огромной базы 
электрокардиографических данных. Вейвлет-анализ может успешно использоваться для 
сглаживания и удаления шума сигнала ЭКГ. Сигнал электрокардиограммы, очищенный от 
шумовых компонент, выглядит нагляднее, при этом его объем составляет от 10 до 5 % от ис-
ходного сигнала, что в большой степени решает проблему хранения кардиозаписей. Цель  
исследования: разработка алгоритма пороговой обработки вейвлет-коэффициентов и фильт-
рации сигнала электрокардиографии. Материалы и методы. Для анализа были взяты кардио-
граммы. Далее они были оцифрованы и введены в компьютер для обработки. Была написана 
программа в среде MATLAB, реализующая непрерывное и дискретное вейвлет-преобра-
зование. Результаты. В работе показан результат фильтрации сигнала ЭКГ с добавлением 
шума с отношением сигнал/шум 35 и 45 дБ с использованием уровней разложения N = 2, 
N = 3, N = 4. Заключение. На основе анализа полученных данных можно сделать вывод, что 
второй уровень разложения наиболее оптимален для фильтрации ЭКГ-сигнала. С увеличени-
ем уровня разложения выходное отношение уменьшается, на уровне N = 4 выходное сиг-
нал/шум почти не превышает входное, следовательно, фильтрация становится неэффектив-
ной. Коэффициент корреляции к четвертому уровню значительно снижается, что означает 
значительное повышение искажений, вносимых алгоритмом фильтрации.  

Ключевые слова: электрокардиосигнал, вейвлет-преобразование, алгоритм фильтрации, 
разработка алгоритма. 
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